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A generic Petri net model for ¯ exible manufacturing systems and its use
for FMS control software testing

W. J. ZHANGy*, Q. LIz, Z. M. BIy and X. F. ZHA y

Developing a ¯ exible manufacturing system (FMS) controller is a complicated
task both in the hardware development and software development. To test the
control software prior to putting it into use is crucial for the development of a
FMS controller. An intelligent testing environment for FMS controllers is under
development, the aim of which is to reduce manual work in the testing. To reach
this objective the automatic building of a behavioural model of the FMS is
demanded. This paper proposes a generic Petri net (GPN) model and approach
for the development of control software for FMSs. The principle of this approach
is based on checking the control parts of FMSs with the help of temporal relation-
ships between physical operations, and the speci® cation of the FMS controller
with GPN. The strategy of GPN modelling is then incorporated with more gen-
eral problem solving strategies in arti® cial intelligence. A template is ® rst de® ned
for a GPN model, and then the model for FMS individuals is established in the
form of instances of the template. The transitions of the GPN are represented
with the proposed general expressions with two syntaxes, `verb+ noun’ and
`verb+ noun+ where’ , from which the GPN can be formulated. GPN makes it
simple to express FMS controls, and procedural language can also be used for
information processing. A case study for the testing of FMS controller software is
provided to show e� ectiveness and cost saving over development with conven-
tional methods in which only ordinary Petri net and procedural language are
used.

1. Introduction

A ¯ exible manufacturing system (FMS) is a production system consisting of
several workstations linked by a material handling system capable of enabling
jobs to follow diverse routes through the system, monitored and controlled by a
network of linked computers, microprocessors and data acquisition devices.
Di� erent jobs can be processed simultaneously and with one set-up of hardware
system. Such an application ¯ exibility has a great potential to enhance productivity
(Archetti et al. 1989, Jeng 1995, Altiok 1996). Programmable logic controllers (PLC)
have been used for simple control, with computers used in more complicated pro-
cesses. In developing control software in these cases, programming is carried out
using a ladder diagram or a decision table for PLCs or procedural languages such as
C for computer control, in either case based on the control speci® cation.
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Much work has been done on the methods and the tools for speci® cation and
implementation of FMS control. These studies show that it is necessary to introduce
a checking and testing function into a FMS control system. With a checking and
testing function, the control system can react to di� erent events which can occur, and
then facilitate controlling and monitoring FMS. In Roux et al. (1992) and Nagao et
al. (1992), studies were carried out to develop a methodology for fault detection and
processing based on the utilization of Grafcet (Ezpeleta and Martinez 1992) to
control and to check the system considering the di� erent states. The interest of
this approach consists in using only one tool for the di� erent stages of the system
life cycle (design, formal validation, implementation, observation). The idea of
checking a system from the model used for the control is very interesting.
However, the methods have problems: frequent programming errors, di� culty in
verifying whether or not the program meets the speci® cations, di� culty in under-
standing control ¯ ow and maintaining control software by anybody other than its
programmer.

A descriptive model of sequence control by Petri net has become attractive due to
its simplicity. Petri nets have a graphical feature which makes understanding the
control ¯ ow easier. Furthermore, they o� er the sequence control functions required
to implement FMS. These include synchronization, interlock and concurrence
(Jensen 1983, Valette et al. 1985, Murata et al. 1986). Wainwright and Thethi
(1997) presented a review of di� erent methodologies and tools to model a FMS,
among which the Petri net was regarded as one of the most important methodologies
and tools.

The theory of the Petri net, which has a sound mathematics foundation, was
proposed by Petri in Germany in the 1960s (Petersen 1981). The Petri net enables the
modelling of synchronic and uncertain behaviours of a system. The graphical repre-
sentation of a Petri net can express system behaviours, resources and constraints
more easily than other methods. Many merits of Petri nets have been identi® ed,
compared with other methods, referred to in the literature (Gentina and Corbeel
1987, Kastura et al. 1988, Jeng 1993, Lee 1994). Basic Petri nets used in manu-
facturing systems are de® ned with two state types (operation places and resource
state places) and two classes of transitions (input and output transitions). The place-
transition net is represented as a bipartite directed graph. Places are marked by
tokens. The maximum number of tokens a place can hold de® nes its capacity.
Points and transitions are connected via directed edges. The number of tokens an
edge can transfer de® nes its weight. A place-transition net is characterized by an
initial marking of places and a ® ring rule. This type of Petri net can be used to
control a FMS with only few manufacturing devices and machining parts (Beck
1986, Krogh et al. 1988, Chaar 1993). To extend the applicability of Petri net in
the FMS with a greater number of devices and jobs, many studies have proposed
various Petri net models, such as augmented Petri nets presented by Coolahan and
Roussopoulos (1983), and generalized stochastic Petri net by Al-Jaar and Desrochers
(1990), time Petri nets by Leveson and Stolzy (1987), predicate transition Petri nets
by Giordana and Saitta (1985) and Murata and Zhang (1988), coloured Petri nets by
Kamath and Viswanadham (1986) and Martinez et al. (1987), structured adaptive
coloured Petri nets by Gentina and Corbeel (1987), the modular Petri net synthesis
method by Jeng (1995), and the extended Petri net by Crockett et al. (1987), Zhou
(1989) and Sodhi et al. (1994).
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While there have been some programming tools developed for FMS control
software in Petri nets, they are not su� ciently capable of FMS control involving
complicated information processing. In this paper, a generic Petri net model is
proposed for the development of FMS control software, and an approach is devel-
oped to implement operations checking and control software testing in a FMS. It
consists of two phases: analysis of the system and its functioning, and the design of
the checking and testing system using data from the analysis. A generic Petri net of
FMS is ® rst described as a kind of t̀emplate’ , and the model of a particular FMS is
then established as instances of the template. By doing so, the complexity of con-
ventional Petri nets can be greatly reduced. It is then possible to make a computer
program generate a Petri net for a given FMS, which is envisaged for the FMS
control software testing. The key ideas leading to our objective include: (i) the
resources in a FMS are abstracted according to their activity characteristics in the
FMS; (ii) the elements in sets of the places and the transitions are described via the
general problem solving strategy in AI; (iii) the topologies among the places and
transitions are obtained based on two proposed general expressions with the syn-
taxes `Verb ‡ Noun’ and `Verb ‡ Noun ‡ Where’ for describing material- and tool-
¯ ows in a FMS.

2. Description of a FMS

A FMS typically is composed of: (i) several manufacturing machines, such as
CNC machining centres, CNC, measuring machines, and washing machines; (ii)
material transport and handling equipment, such as an automatic guided vehicle
together with a material loading and unloading station, central material bu� er,
and local material bu� er dedicated to an individual manufacturing machine to
carry out e� cient material-¯ ow tasks within the system; and (iii) tool transport
and exchange equipment such as a movable robot together with a tool loading
and unloading station, central tool bases, and local tool magazines for each manu-
facturing machine to carry out e� cient tool-¯ ow tasks within the system.

The development of a GPN calls for a more comprehensive classi® cation of a
FMS. Service resources in a FMS are classi® ed according to dynamic characteristics
in the running procedure ; the objects to be served include the materials and the
machining tools, such as the workstation (WS), bu� er (BF), conveying device
(CD), and auxiliary tool (AT). The de® nitions and examples of these service
resources are shown in table 1. For example, WSs are de® ned as all the devices
which can change the process information of a material in the material-¯ ow, or
which can change the number of the tools in the tool ¯ ow. They may include a
loading/unloading station, a cleaner, a measuring machine, an inspection machine
in the material ¯ ow; or may include a tool loading/unloading station, and a tool
inspection station in the tool ¯ ow. Some other resources are the local resources
related to WSs, which are shown in table 2. As a result, WSs can be further classi® ed
into eight types according to the inclusion of local resources such as local bu� er,
loading tool, and machine tool.

Figure 1 shows a typical structure con® guration of a FMS, which will be used as
a testing case in this research. The service resources of this case FMS and their
functions are described in table 3. All eight sets of the ® xtures and pallets used are
interchangeable, and they are available at reach of the loading robots at the start.
The operation information of the jobs and resources will be discussed in } 5 below.

1111Generic Petri net model for FMSs
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In practice, events in a FMS are the transitions happening on the system
resources. An operation of a FMS may be composed of a series of such transitions.
Consequently, a set of transitions corresponding to various resources should be
known ® rst so as to control and monitor a FMS.

3. Generic Petri net model

Petri nets generally consist of places (P) and transitions (T ), which are linked to
each other by arcs. They can be described as bipartite directed graphs whose nodes
are a set of places associated with a set of transitions. Their activities are based on a
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Type 1 2 3 4 5 6 7 8

Local bu� er £ £ £ £
p p p p

Loading tool £ £
p p

£ £
p p

Machine tool £
p

£
p

£
p

£
p

Table 2. Type classi® cation of WSs.

Robot

Jobs

M1 M2

M3

L/U Station

Pallet

Buffer
AGV

Figure 1. Con® guration of the FMS tested.

Device type Device name Resource type Position No. Function

1 L/U WS 1 Place for loading/unloading a
job

2 M1 WS 1 Cutting
2 Bu� er position

3 M2 WS 1 Boring
2 Bu� er position

4 M3 WS 1 Cleaning
5 AGV CD 1 Conveying job
6 Bu� er BF 1 Bu� er position

2 Bu� er position
7 Robot CT Ð Loading or unloading a job

Table 3. The con® guration of the FMS tested.



vision of tokens moving around an abstract network. Tokens are conceptual entities
which appear as small solid dots and model the objects that move in a real network.
Pictorially, Petri nets consist of four primitive elements: tokens, places, transitions,
and arcs (Murata 1989).

From a formal view point, an ordinary Petri net is de® ned as a 6-tuple
PN ˆ …P ;T ;I ;O ;K;M0), where, P is a set of places, T is a set of transitions,
P \ T ˆ 0, P [ T 6̂ ¿, I is the input functions of the transitions, O is the output
functions of the transitions, K is the capacities of points, and M0 is the initial marks
of the places.

The major di� culty with ordinary Petri nets is that industrial applications are
likely to result in large systems consisting of many places and transitions. Other
shortcomings include structural in¯ exibility, and the inability to identify individual
tokens. In order to use Petri nets for modelling complex systems, several extensions
to standard or ordinary Petri nets have been proposed with consideration of time,
uncertainty, and knowledge information involved (Jensen 198, Giordana and Saitta,
1985, Leveson and Stolzy 1987, Zha et al. 1998). In this paper, a new generic Petri
net model is proposed, which incorporates the ordinary place/transition Petri net
into general problem description scheme in arti® cial intelligence.

From arti® cial intelligence theory, a problem can generally be expressed by a 3-
element (X; f ;<) (Zhang 1990), where, X is a set of the variables; f …¢† are the
attributes of variables, expressed by the functions f : X ! Y , where Y is a multi-
dimensional space; < denotes the topologies on the set of the variables. From the
Petri net notation above, the correspondences between the Petri net and the general
description of a problem can be observed and described as follows:

X , fP ;T g ;< , fI ;Og ; f , fK;M0g …1†

Therefore, Petri net modelling can be considered to be equivalent to general
problem solving strategies in AI. By a generic Petri net modelling scheme, we
mean that a Petri net model of a problem is ® rst described as a kind of t̀emplate’ ,
and the model of the particular sub-problems is then established as instances of the
template. Since the proposed generic Petri net is generated by incorporating a Petri
net into a general problem description scheme in AI, the existing AI-based problem
solving strategies such as search, reasoning and expert systems (Zha et al. 1998), are
potentially applicable to generic Petri net modelling and analysis.

4. FMS modelling and analysis with generic Petri nets

It is known that the dynamic behaviours of FMS are modelled by a Petri net. In
what follows of this section, the variables, attributes and topologies in the context of
Petri nets of FMSs will be elaborated. As such, the so-called generic Petri net model
of a FMS is developed. The analysis of the generic Petri net model of a FMS will also
be discussed.

4.1. V ariables in controlling and monitoring a FMS
The variables in a FMS include the elements both in a set of places and a set of

transitions. For simplicity, in the following the elements in the material-¯ ow only
will be discussed ; however, the term job-¯ ow will be used interchangeably with
material-¯ ow as long as no confusion is present.
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4.1.1. The places in the job-¯ ow
The places in a FMS correspond to various states of the resources ; in other

words, a place in a FMS is an aggregation of the states of several resources. Jobs
and resources are closely related.

4.1.1.1. The states of a job. A job in a FMS is viewed as a client. Suppose that
there are n jobs in a FMS. The states of the jobs can be expressed as

J ˆ J1 [ J2 ¢ ¢ ¢ [ Jn ; Ji ˆ fjobi; jjj 2 ‰0;giŠg

where

Ji is the state of the ith job;
jobi ;j is the state that the ith job has completed the jth process operation ;

gi is the number of process operations of the ith job.

Associated with jobs are service resources, the information of which is speci® ed with
respect to the ith job:

Fi a set of alternate ® xture tools ;
Pi a set of alternate pallets;

Mi ; j ; j 2 ‰0;giŠ a set of WSs in the jth process of the ith job;
T i;j ;k ;… j 2 ‰0 ;giŠ;k 2 M i; j† a set of ATs in kth WS of the jth process of the ith

job.

4.1.1.2. The states of service resources. Di� erent from the states of the jobs, the
states of a service resource are idle, busy or breakdown. These states are denoted
by the numbers 0, 1 and 2, respectively. We have the following de® nitions for the
states of the service resources:

BF: B ˆ B0 [ B1 [ B2

WS: M ˆ M0 [ M1 [ M2 maching position
MB ˆ MB0 [ MB1 [ MB2 local bu� er on a WS
ML T ˆ ML T 0 [ ML T 1 [ ML T 2 local loading/unloading tool
MMT ˆ MMT 0 [ MMT 1 [ MMT 2 maching tool

CT: F ˆ F0 [ F1 [ F2

P ˆ P0 [ P1 [ P2

CD: T ˆ T 0 [ T 1 [ T 2

where the subscript numbers (0, 1, 2) indicate the state of the service resources.

4.1.1.3. The places: aggregation of service resource states. As illustrated before,
places in the Petri net model of FMS can now be de® ned as follows.

1-dimensional places: the state of an idle resource

}1 ˆ B0 [ …M0 [ MB0 [ ML T 0 [ MMT 0† [ F0 [ P0 [ T 0:

And also, when a job is executed in a FMS, some other suitable companion resources
should be allocated to assist in the execution, which are associated with the whole
process of a job execution. A job and its companion resources should therefore be
regarded as a whole in the job execution process. That is to say, the job state should
be modi® ed as follows:

1115Generic Petri net model for FMSs



job 0
i ; j ˆ h jobi; j ; f i

1 ;pi
1i… f i

1 2 Fi
1 ;pi

1 2 Pi
1†

J 0
i ˆ f jobi; jj j 0 2 ‰0;giŠg

J 0 ˆ J 0
1 [ J 0

2 . . . [ J 0
n

2-dimensional place: the state that a job stays on a service resource

}21 ˆ fh job 0
i;j‡ 1 ;bi ;j‡ 1ij job 0

i ;j‡ 1 2 J 0 ;b 2 …B1 [ B2†g

}221 ˆ fh job 0
i;j‡ 1 ;mbij job 0

i;j‡ 1 2 J 0
i ;mb 2 …MBi; j‡ 1

1 [ MBi; j‡ 1
2 †g

}222 ˆ fh job 0
i; j‡ 1 ;mij job 0

i; j‡ 1 2 J 0
i ;m 2 …Mi; j‡ 1

1 [ Mi ; j‡ 1
2 †g

}223 ˆ fh job 0
i; j‡ 2 ;mij job 0

i; j‡ 2 2 J 0
i ;m 2 …Mi; j‡ 1

1 [ Mi ; j‡ 1
2 †g

}224 ˆ fh job 0
i; j‡ 2 ;mbij job 0

i; j‡ 2 2 J 0
i ;mb 2 …MBi ;j‡ 1

1 [ MBi ;j‡ 1
2 †g

}23 ˆ fh job 0
i; j‡ 1 ;tij job 0

i; j‡ 1 2 J 0 ; t 2 …T 1 [ T 2†g

}24 ˆ fh job 0
i; j‡ 1 ;bij job 0

i; j‡ 1 2 J 0 ;b 2 …B1 [ B2†g:

3-dimensional place: the state that a job is being transported from one service to
another

}31 ˆ fh job 0
i ; j‡ 1 ;m ;tij job 0

i ; j‡ 1 2 J 0 ;m 2 …M i; j
1 [ Mi; j

2 †;t 2 …T 1 [ T 2†g

}32 ˆ fh job 0
i ; j‡ 1 ;t ;bij job 0

i ;j‡ 1 2 J 0 ; t 2 …T 1 [ T 2†;b 2 …B1 [ B2†g

}33 ˆ fh job 0
i ; j‡ 1 ;b ;tijjob 0

i ; j‡ 1 2 J 0 ;b 2 …B1 [ B2†; t 2 …T 1 [ T 2†g

}34 ˆ fh job 0
i ; j‡ 1 ;t ;mij job 0

i ; j‡ 1 2 J 0 ;t 2 …T 1 [ T 2†;m 2 …M i; j
1 [ Mi; j‡ 1

2 †g:

In addition, there is another kind of 3-dimensional stateÐ the state on a WS, which
only involves local resources of the WS and can be represented as:

}351 ˆ
h job 0

i; j‡ 1 ;mb ;mltij job 0
i; j‡ 1 2 J 0 ;mb 2 …MBi ; j‡ 1

1 [ M i; j‡
2 †;

mlt 2 …ML T mb
1 [ ML T mb

2 †

( )

}352 ˆ
h job 0

i; j‡ 1 ;m ;mmtij job 0
i;j‡ 1 2 J 0 ;m 2 …Mi ;j‡ 1

1 [ M i;j‡ 1
2 †;

mmt 2 …T i ;j‡ 1 ;m
1 [ T i; j‡ 1 ;mb

2 †

( )

}353 ˆ
h job 0

i; j‡ 2 ;m ;mltij job 0
i ;j‡ 2 2 J 0 ;m 2 …Mi ;j‡ 1

1 [ Mi; j‡ 1
2 †;

mlt 2 …ML T mb
1 [ ML T mb

2 †

( )

:

The places over 3-dimensional state are used only when some high-level beyond the
shop ¯ oor level strategies are considered. They are thus not discussed here.

4.1.2. Transitions in the job-¯ ow of a FMS
As discussed before, a transition is an event in a FMS where one state of the

system is changed to another. As far as resources are concerned, in the client aspect a
job is transformed from one position to another ; in the server aspect, the states of
service resources must be changed as well. If the case that a service resource is broken
down within its idle state is neglected, the state transitions of a service resource may
include the following cases: (i) a service resource becomes busy after it is occupied,

1116 W . J. Zhang et al.



(ii) a service resource becomes idle after it is released, and (iii) a service resource is
broken down when it is in use.

In the operation of a FMS, when a control command is issued from the control
software, reaction of the command results in an `active’ transition of the correspond-
ing resources. After the command is carried out, a `passive’ transition happens. The
passive transition becomes new prerequisites for a further controlling action. Active
transitions are the aggregation of the places with lower dimensions into higher
dimensions, whereas the passive transition are the decomposition of the place with
higher dimensions. In what follows, these transitions will be presented.

1-dimensional place © 2-dimensional place . 3-dimensional place. Where `*’ stands
for an active transition, and `)’ a passive transition. These interpretations are also
applicable to later discussions.

The above statement indicates the following fact. When a job is assigned to a
FMS, some service resources are occupied. The following transitions can happen in
the system.

Active transitions:

I11 ˆ ft11jh job 0
i ;j‡ 1 ;m1i © t0 ! h job 0

i ; j‡ 1 ;m1 ;t1i …t0 2 T 0 ; t1 2 T 1 ; m1 2 Mi ;1
1 †g

I12 ˆ ft12jh job 0
i ; j‡ 1 ; t1i © m0 ! h job 0

i ;j‡ 1 ;t1 ;m1i …t1 2 T 1 ; m0 2 Mi ;j
0 ; m1 2 Mi; j

1 †g

I13 ˆ ft13jh job 0
i ;j‡ 1 ;t1i © b0 ! h job 0

i ;j‡ 1 ;t1 ;b1i …t1 2 T 1 ; b0 2 B0 ; b1 2 B1†g

I14 ˆ ft14jh job 0
i ; j‡ 1 ;b1i © t0 ! h job 0

i; j‡ 1 ;b1 ;t1i …t0 2 T 0 ; t1 2 T 1 ; b1 2 B1†g:

Passive transitions:

I 0
11 ˆ ft 0

11jh job 0
i ;j‡ 1 ;m1 ;t1i ! h job 0

i ;j‡ 1 ;m1i © t0 …t0 2 T 0 ; t1 2 T 1 ; m1 2 Mi ; j
1 †g

I 0
12 ˆ ft 0

12jh job 0
i ;j‡ 1 ;t1 ;m1i ! h job 0

i ;j‡ 1 ; t1i © m0 …t1 2 T 1 ; m0 2 Mi ; j
0 ; m1 2 Mi; j

1 †g

I 0
13 ˆ ft 0

13jh job 0
i ;j‡ 1 ;t1 ;b1i ! h job 0

i; j‡ 1 ;t1i © b0 …t1 2 T 1 ; b0 2 B0 ; b1 2 B1†g

I 0
14 ˆ ft 0

14jh job 0
i ;j‡ 1 ;b1 ;t1i ! h job 0

i; j‡ 1 ;b1i © t0 …t0 2 T 0 ; t1 2 T 1 ; b1 2 B1†g

1-dimensional place © 1-dimensional place . 2-dimensional place. In addition, when
a job is assigned to or released from the system, the following transitions take place.
Active transitions (a job is assigned to the system):

I0 ˆ ft0j jobi;o © f0 © p0 © m0 ! h job 0
i;0 ;m1ig

where

job 0
i;0 ˆ h job1;0 f1 ;p1i;

f1 2 Fi
1 ; p1 2 Pi

1 ; f0 2 Fi
0 ; p0 2 Pi

0 ; m0 2 Mi ;0
0 ; m1 2 M i;0

1 :

Passive transitions (a job is released from the system):

I 0
0 ˆ ft 0

0jh job 0
i;gi

;m1i ! jobi;gi
© f0 © p0 © m0g

where

job 0
i ;gi

ˆ h jobi;gi
; f1 ; p1i;

f1 2 Fi
1 ; p1 2 Pi

1 ; f0 2 Fi
0 ; p0 2 Pi

0 ; m0 2 Mi ;gi
0 ; m1 2 M i;gi

1 :
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Especially, when a job is receiving an operation the following transitions may
happen:

I21 ˆ t21

h job 0
i ; j‡ 1 ;mb1i © mlt0 ! h job 0

i; j‡ 1 ;mb1 ;mlt1i;

…job 0
i; j‡ 1 2 J 0 ;mb1 2 MBi; j‡ 1

1 ;mlt 2 ML T mb†

( )

I 0
21 ˆ t 0

21

h job 0
i ; j‡ 1 ;mb1 ;mlt1i « m0 ! h job 0

i; j‡ 1 ;m1i © mlt0 © mb0 ;

…job 0
i; j‡ 1 2 J 0 ;m1 2 Mi ;j‡ 1

1 ;mlt 2 ML T mb†

( )

I22 ˆ t21

h job 0
i ; j‡ 1 ;m1i © mmt0 ! hjob 0

i; j‡ 1 ;m1 ;mmt1i;

…job 0
i; j‡ 1 2 J 0 ;m1 2 Mi ;j‡ 1

1 ;mmt 2 T i;j‡ 1 ;m†

( )

I 0
22 ˆ t 0

22

h job 0
i ; j‡ 1 ;m1 ;mmt1i ! h job 0

i ;j‡ 1 ;m1i © mmt0 ;

…job 0
i; j‡ 1 2 J 0 ;m1 2 Mi ;j‡ 1

1 ;mmt 2 T i;j ;m †

( )

I23 ˆ t23

h job 0
i ;j‡ 1 ;m1i © mlt0 ! h job 0

i; j‡ 1 ;m1 ;mlt1i;

…job 0
i ;j‡ 1 2 J 0 ;m1 2 Mi ;j‡ 1

1 ;mlt 2 ML T mb†

( )

I 0
23 ˆ t 0

23

h job 0
i ; j‡ 1 ;m1 ;mlt1imb0 ! h job 0

i; j‡ 1 ;mb1i © mlt0 © m0 ;

…job 0
i; j‡ 1 2 J 0 ;m1 2 Mi ;j‡ 1

1 ;mlt 2 ML T mb†

( )

:

2-dimensional place . 2-dimensional place. If a service resource is broken down
while it is in use, the transition with unchangeable dimensions takes place. In par-
ticular, a breakdown corresponds to an active transition, whereas the recovery of the
breakdown a passive transition.

I311 ˆ ft311jh job 0
i; j‡ 1 ;mb1i , h job 0

i; j‡ 1 ;mb1i…job 0
i; j‡ 1 2 J 0 ;mb 2 MBi ; j‡ 1†g

I312 ˆ ft312jh job 0
i; j‡ 2 ;mb1i , h job 0

i; j‡ 2 ;mb2i…job 0
i; j‡ 2 2 J 0 ;mb 2 MBi ; j‡ 1†g

I32 ˆ ft32jh job 0
i ; j‡ 1 ;b1i , h job 0

i; j‡ 1 ;b2i…job 0
i ;j 2 J 0 ;b 2 B†g

I311 ˆ ft33jh job 0
i ; j‡ 1 ;t1i , h job 0

i ;j‡ 1 ;t2i…job 0
i ;j 2 J 0 ;t 2 T †g:

3-dimensional place . 3-dimensional place. If a job occupies two service resources,
and one of them broken down, the corresponding transitions take place and can be
expressed as:

I41 ˆ ft41jh job 0
i; j‡ 1 ;m1 ;t1i , h job 0

i; j‡ 1 ;m2 ;t1i…job 0
i; j‡ 1 2 J 0 ;m 2 Mi; j ;t1 2 T 1†g

I42 ˆ ft42jh job 0
i; j‡ 1 ;m1 ;t1i , h job 0

i; j‡ 1 ;m1 ;t2i… job 0
i; j‡ 1 2 J 0 ;m1 2 Mi ; j

1 ;t 2 T †g

I43 ˆ ft43jh job 0
i; j‡ 1 ;t1 ;m1i , h job 0

i; j‡ 1 ;t1 ;m2i…job 0
i; j‡ 1 2 J 0 ;t1 2 T 1 ;m 2 Mi ;j‡ 1†g

I44 ˆ ft44jh job 0
i; j‡ 1 ;t1 ;m1i , h job 0

i; j‡ 1 ;t2 ;m1i… job 0
i; j‡ 1 2 J 0 ;t 2 T ;m1 2 Mi ; j

1 †g

I45 ˆ ft45jh job 0
i; j‡ 1 ;b1 ;t1i , h job 0

i ; j‡ 1 ;b2 ;t1i…job 0
i ;j‡ 1 2 J 0 ;b 2 B ;t1 2 T 1†g

I46 ˆ ft46jh job 0
i; j‡ 1 ;b1 ;t1i , h job 0

i ; j‡ 1 ;b1 ;t2i…job 0
i ;j‡ 1 2 J 0 ;b1 2 B1 ;t 2 T †g

I47 ˆ ft47jh job 0
i; j‡ 1 ;t1 ;b1i , h job 0

i ; j‡ 1 ;t2 ;b1i…job 0
i ;j‡ 1 2 J 0 ; t 2 T ;b1 2 B1†g

I48 ˆ ft48jh job 0
i; j‡ 1 ;t1 ;b1i , h job 0

i ; j‡ 1 ;t1 ;b2i…job 0
i ;j‡ 1 2 J 0 ; t1 2 T 1 ;b 2 B†g:

In addition, when a breakdown happens on a WS, the corresponding transitions are
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I491 ˆ t491jh job 0
i ; j‡ 1 ;mb1 ;mlt1i , h job 0

i ;j‡ 1 ;mb1 ;mlt2i
… job 0

i ; j‡ 1 2 J 0 ;mb 2 MBi ;j ;mlt1 2 ML T mb†

( )

I492 ˆ
t492jh job 0

i; j‡ 1 ;m1 ;mmt1i , h job 0
i ; j‡ 1 ;m2 ;mmt1i

… job 0
i ; j‡ 1 2 J 0 ;m 2 M i; j‡ 1

1 ;mmt 2 T i; j‡ 1;m †

( )

I493 ˆ
t493jh job 0

i; j‡ 1 ;m1 ;mmt1i , h job 0
i ; j‡ 1 ;m1 ;mmt2i

… job 0
i ; j‡ 1 2 J 0 ;m 2 M i; j‡ 1

1 ;mmt 2 T i; j‡ 1;m †

( )

I494 ˆ
t494jh job 0

i; j‡ 1 ;mb1 ;mlt1i , h job 0
i; j‡ 1 ;mb1 ;mlt2i

… job 0
i ; j‡ 1 2 J 0 ;mb 2 MBi ;j‡ 1

1 ;mlt1 2 ML T mb
1 †

( )

:

It is noted that the transitions described above within the scope of the job-¯ ow cover
all possible transitions in a FMS.

4.2. Attributes of the variables
In the Petri net model of a FMS, useful attributes of the variables include marks

of the places and transitions, capacities of the places, input and output functions of
the transitions, which are further clari® ed below:

K… p†; p 2 P Capacities of the place;
M… p†; p 2 P Number of the tokens of the places;
M…t†; t 2 T Number of times when the transition is ® red;
I… p ;t†; p 2 P ;t 2 T Input function of a transition ;
O… p ;t†; p 2 P ;t 2 T Output function of a transition.

4.3. Topology of the variables in the job-¯ ow
The topology of the variables is a set of the relations among the variables. In the

Petri net model of a FMS, the topological relations are described by the general
expressions with the syntaxes `Verb ‡ Noun’ (VN for short), `Noun ‡ Verb ‡ Where’
(VNW). The term Noun will be replaced by things like materials, tools, etc. , and the
term Verb by things like loading, unloading, transporting , etc. Mathematically, they
can be expressed by I ˆ P £ T , O ˆ T £ P. There are a number of basic events
which happen in a FMS; in particular in the job-¯ ow they can be shown below:

. a job is loaded to or unloaded from the system (VNW) ;

. a job is transported from one workstation to another (VNW) ;

. a job is transported from a bu� er to a workstation (VNW) ;

. a job is transported from a workstation to a bu� er (VNW) ;

. a machining process is started or ® nished (VN).

The NVW relations among the basic events are shown in ® gure 2. The ® gure
shows the following generic behaviour of a FMS. The transformation of a raw job in
a FMS begins with loading the raw material at a L/U station. It then receives
machining operations step by step at the workstations determined. Suppose the
next workstation is occupied by another job. A FMS controller may transform it
to a temporal positionÐ available at the centre bu� er, waiting until the next work-
station is available. Such a loop of the transformation will continue until the job has

1119Generic Petri net model for FMSs
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gone through all prede® ned machining operations. The job will be ended when the
machined raw materials (parts or products) are unloaded at a L/U station.

In practice, besides the normal topological relations, the abnormal case (i.e.
breakdown of a service resource) should be considered as well. Suppose that a
breakdown happens when the resource is busy and it only involves one of the
resources. The corresponding topological relations are shown in ® gure 3, where
the breakdown resource is recovered or replaced. Other cases can be derived in
the same way.

5. Generic Petri net system for a FMS

As illustrated above, the generic Petri net can be used for modelling a FMS.
However, this method needs much more reasoning experience or intervention and
has such an inconvenience that the user has to verify many feasible states. It is too
complex and time-consuming to be coped with manually, especially for more com-
plex system (with more resources). To design and verify FMS control software
automatically, a computer programming system has been developed for generic
Petri net modelling of the FMS described above. The key implementation issues
will be presented in this section.

5.1. System overview
The GPN FMS system automatically generates control programs given the

necessary control speci® cations described with Petri nets. It has an editor to input
and edit control speci® cations expressed by the Petri net, a simulator to verify edited
speci® cations, a generator to convert the net to C source programs for a controller,
and a reporter to print control speci® cations. The basic events are prede® ned, fol-
lowed by the prede® nition of the places and transitions. When the structure of a
particular FMS is known to the program system, the templates of places and transi-
tions (i.e. the generic Petri net model) are instantiated. In this environment, the
con® guration of a FMS can be built easily through a user-friendly interface. The
FMS controller is installed on a host computer ; both the command information
(issued from the FMS controller) and the feedback information (produced by the
computer in the simulating environment) are received by the system. By connecting
the GPN system to the FMS controller, its status can be monitored in real-time. The
GPN FMS system has the following features:

(i) graphical representation of complicated control speci® cations using a high-
level Petri net ;

(ii) expression of transition ® ring and token ¯ ow conditions using VN, VNW,
and If ± Then rules;

(iii) combination of Petri net with a procedural language; and
(iv) full support of all development stages including general design, detailed

design, programming and testing.

5.2. System implementation
The GPN FMS system has been implemented with the computer language C and

is de® ned as several types of data structure. The instances of these data structures
represent the model of a particular FMS. Suppose that a job is introduced to a
system (i.e. a basic transition) and the FMS controller is requested to control the

1121Generic Petri net model for FMSs
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FMS to select a job from a set of candidate jobs in a queue based on a de® ned
priority rule. The types of data structures as well as instances can be listed below.

5.2.1. 1-dimensional place: the state of an idle resource
The states of the idle ® xtures and pallets are 1-dimensional places, and their

structures are de® ned as:

Struct
{
Int F_T; /* the ® xture type */
Float Life_Time; /* the life time of the ® xture */
Float Used_Time; /* the used time of the ® xture */
Int Status ; /* the status of the ® xture;

(0, empty ; 1, busy; 2, broken down)*/
Float Start_Time; /* the beginning time of present status */
}
F0[];
Struct
{
Int P_T; /* the pallet type */
Float Life_Time; /* the life time of the pallet */
Float Used_Time; /* the used time of the pallet */
Int Status ; /* the status of the pallet;

(0, empty ; 1, busy; 2, broken down)*/
Float Start_Time; /* the beginning time of present status */
}
P0[];

The states of the idle devices and auxiliaries are also 1-dimensional places, and
their structures are de® ned as:

Struct
{
Int Device_Class; /* the device class which is coded based on table 2.

*/
Int Device_Type; /* the device type by which a job is processed */
char Device_Name[]; /* the device name */
int Position_Number ; /* the number of position where a job is processed */
¯ oat Used_Time; /* the used time of the device */
int Status ; /* the status of the device;

(0, empty ; 1, busy; 2, broken down)*/
¯ oat Start_Time; /* the beginning time of present status */
}
M0[];
struct
{
int Number_Device ; /* the number of devices served */
int Device_Type[]; /* the set of devices served */
char Tool_Name[]; /* the name of the loading tool */
int Life_Time; /* the life-time of the loading tool */

1123Generic Petri net model for FMSs



¯ oat Used_Time; /* the used time of the loading tool */
int Status ; /* the status of the loading tool ;

(0, empty ; 1, busy ; 2, broken down)*/
¯ oat Start_Time; /* the beginning time of present status */
}
MLT0
[];

In addition, for the raw jobs in the system, the corresponding structure is de® ned
as:

struct
{
struct Job_Type; /* contains the process information of a job */
int Remained_Processes ; /* the number of remained processes */
}
J0[];
struct

{
char Due_Date[]; /* the delivery date of the job */
int Priority ; /* the priority of the job */
int Fixture_Type; /* the ® xture type used */
int Pallet_Type; /* the pallet type used */
int T_N_P; /* total number of processes */
int N_M[]; /* the number of the machine alternatives */
int Machine[][]; /* the alternative machine types used in the i-th

process */
int NC_No[][]; /* the corresponding NC No. used in the i-th

process */
¯ oat Process_Time[][]; /* the corresponding machining time of the i-th

process */
int T_N[][]; /* the number of tools used in the i-th process */
int M_Tool[][][]; /* the set of corresponding machining tools

used in the i-th process */
}
Jtype[];

5.2.2. 2-dimensional place: the state that a job stays on a service resource
To consider basic transitions, only one 2-dimensional place is concerned, and its

structure is de® ned as:

struct
{
int Job_No; /* the job no. which is located on the device */
int Device_No; /* the device no. which a job is on */
int Device_L_No; /* the local position no. which is placed the job */
¯ oat Start_Time; /* the beginning time of present place */
}
p2[];
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5.2.3. 3-dimensional place: the state on a W S and involving a local resource
The basic transition only involves one 3-dimensional place involved, its structure

is de® ned as:

struct
{
int Job_No; /* the job no. which is located on the device */
int Device_No; /* the device no. on which a job is placed */
int Device_L_No; /* the local position no. of the device */
int Auxiliary_Tool_No; /* the used time of the auxiliary tool */
¯ oat Start_Time; /* the beginning time of present place */
}
p353[];

5.2.4. The example of basic transitions
The structure of the example is described as:

struct
{
Int Job_No; /* the job no. */
int Device_No; /* the loading/unloading device no. */
int Device_L_No; /* the number of position of the device */
int Auxiliary_Tool_No; /* the auxiliary tool no. used */
¯ oat Fire_Time; /* the ® re time of the transition */
}
t0[];
t0’[];

There is a conversion program which interprets the control command issued
from a FMS controller. The control command takes the format as shown in ® gure
4. For example, the ® rst digit can take the number 1 or 2 which represents the
command issued from a FMS controller or the feed back command from the envir-
onment, respectively.

6. A case study: FMS control software testing

Suppose that the control software of the FMS shown in ® gure 1 needs to be
tested. In the case tested, all eight sets of the ® xtures and pallets used are inter-
changeable, and they are available at reach of the loading robot at the beginning.
The operation information of the job is listed in table 4. In addition, the loading

1125Generic Petri net model for FMSs
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robot takes 15 minutes to load a job, and 5 minutes to unload a job, and both
loading and unloading operations are regarded as necessary operations.

The initial states of the FMS are described by initial marking. Therefore, initial
marks should be assigned before the testing system of GPN starts. The initial marks
of 1-dimensional points for the states of the idle ® xtures and pallets, i.e. F0 and P0,
are expressed as: M…F0† ˆ M…P0† ˆ 8; therefore, instances are:

F0‰0Š ˆ F0‰1Š ˆ ¢ ¢ ¢ ˆ F0‰7Š ˆ f1;120:0 ;0:0 ;0 ;0:0g

P0‰0Š ˆ P0‰1Š ˆ ¢ ¢ ¢ ˆ P0‰7Š ˆ f1 ;240000:0 ;0:0 ;0 ;0:0g

Similarly, the initial marks of 1-dimensional points for the states of the idle devices
and auxiliaries, M0 and ML T 0 , are expressed as:

M…M0† ˆ 4 ;M…ML T 0† ˆ 1;

M0‰0Š ˆ f3 ;1 ;`L=U-station’ ;1 ;0:0 ;0 ;0 ; . . . ;0g;

M0‰1Š ˆ f6 ;2 ; `M1’ ;2 ;0:0 ;0 ;0:0g;

M0‰2Š ˆ f6 ;3 ; `M2’ ;2 ;0:0 ;0 ;0:0g;

M0‰3Š ˆ f1 ;4 ; `M3’ ;1 ;0:0 ;0 ;0:0g;

ML T 0‰0Š ˆ 1 ; f1g ; `Robot’ ;200000:0;0:0;0 ;0:0g;

According to the description of the case tested, there are two batches of the jobs:

JType‰0Š ˆ f̀ 01=12’ ;1 ;0 ;0 ;5 ; f1 ;1 ;1 ;1 ;1g ; ff1g ; f2g; f3g ; f4g; f1gg;

ffg ; f11g; f21g ; f30g ; fgg; ff18:0g ; f17:0g ; f10:0g ; f5:0g; f5:0gg;

ff0g ; f0g; f0g ; f0g; f0gg; fffggg g;

JType‰1Š ˆ f̀ 02=12’ ;2 ;0 ;0 ;4 ; f1 ;1 ;1 ;1 ;1g ; ff1g ; f3g; f4g ; f1gg;

ffg ; f22g ; f30g ; fgg; ff18:0g; f22:0g ; f5:0g; f5:0gg;

ff0g ; f0g ; f0g ; f0gg; fffggg g;

Then, the initial mark of J0 is expressed as:

M…J0† ˆ 4;

J0‰0Š ˆ J0‰1Š ˆ fJType‰0Š;5g;

J0‰2Š ˆ J0‰3Š ˆ fJType‰1Š;4g;

For the basic transitions, the initial markings for the 2-dimensional point con-
cerned and the 3-dimensional point involved are all de® ned as M…P0† ˆ 0,
M…P353† ˆ 0, respectively.

When the testing system of GPN has received the ® rst control message, the
conversion program interprets that a t0 transition is ® red. The testing system then
veri® es whether or not the control command is correct according to some criteria
prede® ned such as priority rules, and renews the marks of the above points in the
generic Petri net model as such:

1127Generic Petri net model for FMSs
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M…t0† ˆ 1;

t0‰0Š ˆ f00;0 ;0 ;0 ;0:01g;

M…P353† ˆ 1;

P353‰0Š ˆ f00;0 ;0 ;0 ;0:01g;

M…J0† ˆ 3;

J0‰0Š ˆ fJType‰0Š;5g;

J0‰1Š ˆ J0‰2Š ˆ fJType‰1Š;4g;

M…M0† ˆ 3 ;M…ML T 0† ˆ 0;

M0‰0Š ˆ f6 ;2; `M1’ ;2 ;0:0 ;0 ;0:0g;

M0‰1Š ˆ f6 ;3; `M2’ ;2 ;0:0 ;0 ;0:00 ;

M0‰2Š ˆ f1;4; `M3’ ;1 ;0:0 ;0 ;0:0g;

M…F0† ˆ M…P0† ˆ 7;

F0‰0Š ˆ F0‰1Š ˆ ¢ ¢ ¢ ˆ F0‰6Š ˆ f1 ;120:0;0:0 ;0 ;0:0g

P0‰0Š ˆ P0‰1Š ˆ ¢ ¢ ¢ ˆ P0‰6Š ˆ f1 ;240000:0 ;0:0 ;0 ;0:0g

All the messages received can be diagnosed in the same way. A sample of testing
procedure is shown in table 5.

7. Discussions and conclusions

To carry out the design and veri® cation of a control software for a FMS e� ec-
tively, a model for the behaviours of FMSs needs to be developed. This can be
ful® lled by applying a Petri net. However, the problem of using an ordinary Petri
net to model the FMSs behaviour is that unmanageable complexity could occur both
in the size of the net and the way of creating a model. This complexity can be greatly
alleviated with the observation as well as idea behind the work of generic Petri net
reported here.

In modelling the real world’s structures or behaviours, two general strategies are
generally used which could be called ìnstance pattern’ and s̀chema/instance pat-
tern’ . It is particularly noted that the schema/instance pattern ® rst starts with devel-
oping a so-called `model template’ (i.e. generic Petri net model in this paper) and a
model of a particular real world problem is then represented as instances of con-
formity to that template, whereas the instance pattern does not follow that.
Obviously, the schema/instance pattern requires a classi® cation of elements of an
underlying application. The general idea described in this paper follows the schema/
instance pattern. To this connection, the following salient points are summarized.

(1) Places and transitions are generalized (into a set of templates) and individual
jobs and transition events are regarded as instances of the place’ s and
transition’ s templates.

(2) Since the model is built as a kind of templates which are only associated with
a set of basic events, the number of jobs, devices, etc. the complexity of the
model is controllable.

1129Generic Petri net model for FMSs



(3) Since these templates are relatively ®̀ xed’ , and can be coded in a prede® ned
manner, the model of a particular application (i.e. instances of the template)
can then be easily created. The complexity of the Petri net model of FMS is
then reduced.

(4) Since the proposed generic Petri net is generated by incorporating a Petri net
into a general problem description scheme in AI, the existing AI-based
problem solving strategies are potentially applicable to generic Petri net
modelling and analysis.

The program system developed is based on a generic Petri net description model
combined with conventional procedural language. It has potentials that support all
development stages including general design, detailed design, programming and
testing in a consistent manner. A case study for the testing of FMS controller soft-
ware show e� ectiveness and cost saving over development with conventional
methods in which only ordinary Petri net and procedural language are used.
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